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ABSTRACT
Deep eutectic solvents (DESs) have emerged as a cheaper and greener alternative to conventional organic solvents. Choline chloride (ChCl)
mixed with urea at a molar ratio of 1:2 is one of the most common DESs for a wide range of applications such as electrochemistry, material
science, and biochemistry. In this study, molecular dynamics simulations are performed to study the effect of urea content on the ther-
modynamic and transport properties of ChCl and urea mixtures. With increased mole fraction of urea, the number of hydrogen bonds
(HBs) between cation–anion and ion–urea decreases, while the number of HBs between urea–urea increases. Radial distribution functions
(RDFs) for ChCl–urea and ChCl–ChCl pairs shows a significant decrease as the mole fraction of urea increases. Using the computed RDFs,
Kirkwood–Buff Integrals (KBIs) are computed. KBIs show that interactions of urea–urea become stronger, while interactions of urea–ChCl
and ChCl–ChCl pairs become slightly weaker with increasing mole fraction of urea. All thermodynamic factors are found larger than one,
indicating a non-ideal mixture. Our results also show that self- and collective diffusivities increase, while viscosities decrease with increas-
ing urea content. This is mainly due to the weaker interactions between ions and urea, resulting in enhanced mobilities. Ionic conductivities
exhibit a non-monotonic behavior. Up to a mole fraction of 0.5, the ionic conductivities increase with increasing urea content and then reach a
plateau.

Published under license by AIP Publishing. https://doi.org/10.1063/5.0049064., s

I. INTRODUCTION

Deep eutectic solvents (DESs) are a new generation of ver-
satile liquids. DESs are synthesized by mixing a Hydrogen Bond
Acceptor (HBA) [e.g., choline chloride (ChCl), tetraoctylammo-
nium chloride] and a Hydrogen Bond Donor (HBD) (e.g., urea,
glycerol, decanoic acid).1,2 DESs are cost-efficient solvents by means
of inexpensive starting materials and easy preparation without costly
equipment. The final compound usually has a very low vapor pres-
sure and melting point, a large liquid window, non-flammability,
biodegradability, biocompatibility, a large electrochemical window,
high solubility for different solutes (e.g., CO2, metal oxides), and

high thermal stability.1–7 Due to these superior properties, DESs
have been considered lately as a promising green alternative to the
conventional volatile organic solvents (e.g., benzene, toluene).5,7,8 In
the study by Abbott et al.,9 it was reported for the first time that
when ChCl is mixed with urea at a molar ratio of 1:2, it forms a
eutectic mixture with a melting point of 12 ○C. This mixture, com-
mercially named reline, has become one of the most well-studied
DESs.10 Naturally occurring, biodegradable, inexpensive, and eas-
ily accessible starting materials make reline an economically viable,
sustainable, and environmentally friendly solvent for a wide range
of applications.1,8 For example, reline is often used for electrocoat-
ing and electropolishing of metals.11–13 Reline has also been used
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in extraction and separation, such as CO2 capture14,15 and desul-
furization of fuels.16,17 Another use of reline is in the synthesis of
functional materials such as nano-structures18–21 and polymers.22 In
the pharmaceutical industry, mixtures of ChCl and urea were also
proposed as an agent in biocatalysis,23,24 drug solubilization,25 and
biomass treatment.26

An accurate control over thermo-physical properties of DESs is
essential for the design and optimization of applications mentioned
above. Such control can be achieved by tailor-designing the solvents.
A simple way to modify the physical properties of DESs is to intro-
duce an additional solute such as water.27,28 Many experimental29–35

and computational27,36–39 studies have shown that the addition of
a small amount of water into DESs can significantly change the
thermodynamic and transport properties of the mixture. As shown
in earlier works by Celebi et al.,36,39 Shah and Mjalli,27 Kumari et
al.,40 and Fetisov et al.,41 the addition of water profoundly alters
the molecular structure of reline [i.e., hydrogen bond (HB) network,
spatial distributions, orientations, and radial distribution functions
(RDFs)]. As a consequence, physical properties such as densities, vis-
cosities, diffusivities, and ionic and thermal conductivities change
upon the addition of water. It is important to note that the pres-
ence of water is not always desirable, as specific applications may
require a moisture-controlled environment.27 Alternatively, physi-
cal properties of DESs can be systematically modified by changing
the mixing ratio of starting materials. Changing the mole fraction
may significantly affect the thermodynamic and transport proper-
ties of DESs such as the melting point. This means that ChCl/urea
mixtures are not at the eutectic composition for different mole frac-
tions of urea. Using molecular dynamics (MD) simulations, Sun
et al.42 explored structural characteristics of ChCl and urea mixtures
at various urea contents to explore the lowest melting point at the
molar ratio 1:2 of ChCl to urea. The authors have shown that with
increasing urea content, the number of HBs between choline and
chloride significantly decrease, while HBs between urea molecules
show an increase. At the molar ratio 1:2 of ChCl to urea, Sun
et al.42 reported shorter HB lifetimes and modest interaction ener-
gies between cation–anion, cation–urea, and anion–urea. These
microscopic findings were correlated with the lower melting point
at this composition. While the relation between the microscopic
properties and the melting point of mixtures of ChCl and urea was
studied at different molar ratios, the effect of molar composition
on many thermodynamic and transport properties of these mixtures
remains unknown.

For the prediction of thermodynamic and transport proper-
ties of pure fluids and mixtures, molecular simulations and theo-
retical models can be considered as powerful tools, complement-
ing hard-to-conduct experiments.43–46 Molecular simulations can be
used to correlate microscopic properties of materials with macro-
scopic behavior. In this regard, the Kirkwood–Buff (KB) theory can
be used to connect the microstructure of an isotropic liquid to ther-
modynamic properties such as thermodynamic factors, partial molar
volumes, partial derivatives of the chemical potential with respect to
composition, and the isothermal compressibility.47–49 In the grand-
canonical ensemble, thermodynamic quantities are obtained from
integrals of RDFs over infinite and open volumes or equivalently
from averages of fluctuations in the number of molecules.47 To com-
pute KB Integrals (KBIs), RDFs can be easily obtained from MD sim-
ulations.50–52 To the best of our knowledge, there are no studies in

the literature focusing on KBIs of DESs from molecular simulations.
A very limited number of studies applied the KB theory to Ionic
Liquids (ILs). For ILs (i.e., 1-butyl-3-methylimidazolium nitrate),
KBIs have been computed from experimental data using the inver-
sion of the KB theory.53–55 Using MD simulations, Kobayashi
et al.56 computed thermo-physical and structural properties of
residual water in dialkylimidazolium-based ILs. Kobayashi et al.56

compared KBIs computed using molecular simulations with KBIs
obtained using experimental data.

KBIs are ideally calculated from infinitely large and open sys-
tems. In a larger number of MD studies, KBIs were computed by
truncating the infinite integrals to the size of the simulation box.49

However, truncating to a cutoff distance can result in a poor con-
vergence of KBIs in the thermodynamic limit.49,57,58 To accurately
calculate KBIs using molecular simulation, it is essential to account
for system size effects associated with finite and closed systems.
Krüger and co-workers57 derived expressions for KBIs of finite and
open subvolumes embedded in a larger reservoir (e.g., simulation
box). From the scaling of KBIs of finite subvolumes with their
sizes, one can extrapolate to the value at the thermodynamic limit.
An advantage of this approach is that the grand-canonical ensem-
ble is accessed while simulating closed systems. This is useful for
avoiding molecular insertions and for studying systems where the
electro-neutrality condition has to be maintained (e.g., salt solutions,
ILs, DESs). When simulating a salt solution in a closed system, it
is convenient to treat the mixture as pseudo-binary and consider
the cations and anions indistinguishable.59 In this study, we will
show how to compute KBIs and other thermodynamic and transport
properties of pseudo-binary mixtures of ChCl and urea.

The main goal of the present work is to investigate the effect of
composition on the microscopic structure and thermodynamic and
transport properties of ChCl and urea mixtures. To this purpose,
MD simulations of eight different mole fractions of urea ranging
from 0.20 to 0.71 were performed at 343.15 K and 1 atm. RDFs
obtained from equilibrium MD simulations were used to compute
KBIs, from which thermodynamic factors and partial molar vol-
umes were calculated. To further explore the effect of microstruc-
ture on physical properties of the mixtures, the number of HBs
per urea molecule was computed. We also systematically investi-
gated the variations of transport properties such as viscosities, self-
diffusivities, Maxwell–Stefan (MS) and Fick diffusivities, and ionic
conductivities as a function of the urea mole fraction.

This paper is organized as follows. In Sec. II, we explain how
to compute RDFs, KBIs, and collective diffusion of pseudo-binary
mixtures. This is followed by the details of the selected force field
and MD simulations. In Sec. III, we present and discuss all results
for computed densities, RDFs, HBs, KBIs, thermodynamic factors,
partial molar volumes, viscosities, self-, Maxwell–Stefan, and Fick
diffusivities, and ionic conductivities. Finally, our conclusions are
summarized in Sec. IV.

II. MODELS AND METHODS
A. Pseudo-binary systems

ChCl and urea mixtures consist of three components: solvent,
cation, and anion. When computing KBIs for finite and closed sys-
tems, the electro-neutrality of the system must be maintained.59
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For this reason, it is convenient to treat the mixture as a pseudo-
binary system. In this approach, the cations (choline) and the anions
(chloride) are treated as indistinguishable molecules.57,59

To obtain KBIs, we first need to compute RDFs of the corre-
sponding pseudo-binary system. For ternary mixtures consisting of
species α, θ, and γ, the pseudo-binary system can be described by α
and β (where β is either a molecule of type θ or a molecule of type γ).
The RDFs of a pseudo-binary system [gαα(r), gαβ(r), and gββ(r)] are
obtained by combining the RDFs of the ternary mixture,

gββ(r) =
N2

θgθθ(r) + N2
γgγγ(r) + 2NθNγgθγ(r)

N2
β

, (1)

gβα(r) =
Nθgθα(r) + Nγgγα(r)

Nβ
, (2)

where N i is the number of molecules of species θ, γ, or β. Note that
the RDF of the solvent gαα(r) remains unchanged. The derivations
of Eqs. (1) and (2) are available in Sec. SII of the supplementary
material. To compute KBIs, we will consider open and finite sub-
volumes embedded in a closed simulation box, as shown in the stud-
ies by Krüger and co-workers.49,51,57,58 For a binary mixture com-
posed of molecules of type α and β, the expression of KBIs of finite
subvolumes GV

αβ is57

GV
αβ = ∫

L

0
[gαβ(r) − 1]4πr2w(x)dr, (3)

where L is the size of the subvolume and w(x) is a function that
depends on the shape and dimensionality of the subvolume. For a
3D spherical subvolume with diameter L, w(x) = 1 − 3x/2 + x3/2,
where x = r/L is the dimensionless distance. Note that KBIs of finite
subvolumes GV

αβ scale with the inverse size of the system,57,58

GV
αβ(L) = G

∞

αβ +
F∞αβ
L

, (4)

where F∞αβ is a term that relates to surface effects of computing KBIs
of small subvolumes.49 By plotting the product of LGV as a function
of L, KBIs in the thermodynamic limit G∞αβ can be obtained from the
slope, and the surface term F∞αβ follows from the intercept. Finite-
size effects of the computed RDFs are corrected using the method by
Ganguly and van der Vegt.60 From KBIs in the thermodynamic limit,
thermodynamic factors and partial molar volumes are computed. In
Sec. SIII of the supplementary material, we provide a detailed expla-
nation of how to compute KBIs for binary systems. In addition to
the method of Krüger and co-workers49,51,57,58 and the Ganguly and
van der Vegt correction for RDFs,60 we computed thermodynamic
factors using KBIs based on the alternative scaling by Cortes-Huerto
and co-workers.61 In this method, the values of G∞αβ are obtained by
the scaling of KBIs of finite subvolumes GV

αβ,

GV
αβ(L,Lbox) = G

∞

αβ(1 −
L3

L3
box
) +

F∞αβ
L

, (5)

where Lbox is the length of the simulation box. The reader should
note that a RDF correction is already embedded in the scaling shown
in Eq. (5).61 We verified that both scalings yield the same value of the
KBI in the thermodynamic limit.

The pseudo-binary description is used to predict the collec-
tive diffusion based on the Maxwell–Stefan (MS) and Fick theo-
ries. To this purpose, Onsager coefficients (Λ) in a ternary mixture
consisting of species α, θ, and γ are computed first. For a pseudo-
binary mixture, the value of Λαα is the same as in a ternary mixture.
From Λαα, MS diffusion coefficients of the pseudo-binary mixture
are obtained. Subsequently, Fick diffusion coefficients are computed
using MS diffusion coefficients and thermodynamic factors.62,63

Section SIV of the supplementary material explains all technical
details on how to obtain Onsager coefficients and MS and Fick
diffusion coefficients for pseudo-binary mixtures. For in-depth dis-
cussions about Onsager, MS, and Fick theories, readers are referred
to the relevant literature.50,64–69 To compute the collective diffu-
sivities and properties from KBIs, mole fractions of pseudo-binary
mixtures are required, which can be computed from

xα =
Nα

Nα + Nθ + Nγ
and xβ = 1 − xα, (6)

where α, θ, and γ represent urea molecules, choline cations, and
chloride anions in the current study, respectively. β is the indistin-
guishable molecule representing ChCl, which can be of type θ or γ
(i.e., a choline cation or a chloride anion).

B. Force fields
ChCl and urea molecules were modeled using the general

amber force field (GAFF).70 Partial charges were derived using
the Restrained Electrostatic Potential (RESP) method based on the
Hartree–Fock (HF)/6.31G∗ level of theory.71–73 As discussed in the
earlier works by Perkins et al.,72,74 Liu et al.,75 Shah and Mjalli,27

and Chaban et al.,76 charge scaling is essential when simulating ILs
and DESs due to overestimated electrostatic interaction potentials.
Blazquez and co-workers77 showed that even for simple electrolytes
such as NaCl, charge scaling improves electrostatic interactions.
We scaled down the partial charges of ChCl molecules by a fac-
tor of 0.8. The GAFF force field combined with reduced charges
have been used in MD studies to accurately predict structural, ther-
modynamic, and transport properties of many ChCl-based DESs
such as reline, ethaline, and glyceline.27,36,37,72,74,78,79 All force field
parameters used in this study are listed in Tables SI–SV of the
supplementary material.

C. Simulation details
MD simulations were performed using the Large-Scale

Atomic/Molecular Massively Parallel Simulator (LAMMPS) version
released in August 2018.80 Eight different mole fractions of urea
ranging from 0.20 to 0.71 were considered. For each mole fraction,
we considered a small and a large system consisting of 240 and 1200
molecules, respectively. The former was used for computing trans-
port properties (i.e., viscosity, self-diffusivity, and MS diffusion),
while the latter was used for computing RDFs required for KBIs. It is
important to note that larger system sizes were essential to obtain a
sufficiently large linear regime of the scaling of KBIs.49 Table I shows
the number of molecules and the size of the simulation box at each
molar ratio of ChCl to urea for all systems simulated in this work.

Initial configurations were generated by randomly insert-
ing molecules in a cubic simulation box using the PACKMOL
package.81 The generated simulation boxes were first relaxed
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TABLE I. The mole fractions, number of molecules, and initial box lengths of all
simulated systems.

Small system Large system

NChCl/NUrea xUrea NChCl NUrea LS (Å) NChCl NUrea LL (Å)

2/1 0.20 160 80 34.7 800 400 59.4
3/2 0.25 144 96 34.0 720 480 58.1
1/1 0.33 120 120 32.8 600 600 56.2
5/7 0.41 100 140 31.8 500 700 54.4
1/2 0.50 80 160 30.7 400 800 52.6
1/3 0.60 60 180 29.6 300 900 50.6
1/4 0.67 48 192 28.8 240 960 49.3
1/5 0.71 40 200 28.3 200 1000 48.4

using the conjugate gradient method for 10 000 steps. The energy
minimization was followed by MD runs in the isothermal–isobaric
(NPT) ensemble at 343.15 K and 1 atm for 10 ns. In the NPT
ensemble, average volumes and densities were computed. Starting
from the average density obtained from NPT runs, each system was
then equilibrated at 343.15 K and 1 atm for 1 ns in the canoni-
cal (NVT) ensemble. Consecutively, transport properties were com-
puted in the next 120 ns. For small systems (see Table I), a 120 ns
run typically takes 96 h using 24 CPUs. During production runs,
the OCTP (On-the-fly Computation of Transport Properties) plu-
gin in LAMMPS was used to compute transport properties.82 The
OCTP plugin uses Einstein relations combined with the order-n
algorithm.43,83 For more details about the OCTP plugin, readers are
referred to the original study by Jamali et al.82 Hydrogen bonds
were calculated from atomic trajectories using the HBonds plugin in
VMD (Visual Molecular Dynamics).84,85 HBs were computed based
on a critical distance of 3.5 Å for heavy-to-heavy atoms and a criti-
cal angle of 30○ between donor–hydrogen–acceptor.86,87 RDFs were
computed from separate MD simulations of 80 ns of the large sys-
tems in the NPT ensemble. For large systems (see Table I), a 80 ns
run typically takes 720 h using 24 CPUs. Finite-size effects of the
reported RDFs are corrected using the method proposed by Gan-
guly and van der Vegt.60 Based on the RDFs from NPT simula-
tions, KBIs, thermodynamic factors, and partial molar volumes were
computed.

All simulations were carried out at 343.15 K and 1 atm. For
NPT and NVT ensembles, temperature and pressure were main-
tained using the Nosé–Hoover thermostat and barostat with cou-
pling constants of 0.1 ps and 1 ps, respectively.43 Long range elec-
trostatic interactions between charged species were calculated based
on the particle–particle, particle–mesh (pppm) solver with a rela-
tive precision of 10−6. The cutoff radius was set to 12 Å for both
the Lennard-Jones (LJ) and the real-space part of Coulombic poten-
tials. LJ parameters between the dissimilar species were determined
based on the Lorentz–Berthelot mixing rules.44 Equations of motion
were integrated using the Verlet algorithm with a time step of
1 fs. Standard deviations in the transport properties and KBIs were
computed based on 10 and 25 independent simulations, respec-
tively. Each independent simulation started from a different initial
configuration.

III. RESULTS
In this section, we present our findings on the effect of urea

content on the structural, thermodynamic, and transport properties
of ChCl and urea mixtures. All raw data and uncertainties are listed
in Tables SVI–SXII of the supplementary material.

A. Densities and structural properties
1. Densities

Densities of ChCl and urea mixtures at 343.15 K and 1 atm are
shown in Fig. 1 as a function of the mole fraction of urea [Eq. (6)].
The density of the mixture increases as the mole fraction of urea
increases. This trend was expected due to the high density of pure
urea. We performed MD simulations of pure ChCl (400 molecules)
and pure urea (400 molecules) systems at 343.15 K and 1 atm. The
computed density of pure ChCl is 1021.2 kg/m3, and the density of
pure urea is 1453.2 kg/m3. Values of the densities of mixtures of
ChCl and urea are bounded between the densities of the pure com-
ponents. For a mixture with a molar ratio of 1:2 (xUrea = 0.5), the
computed density exhibits an excellent agreement with the density
measured experimentally by Yadav and Pandey,30 showing devia-
tion of less than 1.5%. To the best of our knowledge, experimen-
tal data for other mole fractions of urea are not available in the
literature.

2. Radial distribution functions
Figure 2 shows RDFs of Ch+, Cl−, and urea molecules at

343.15 K and 1 atm for various mole fractions of urea. The addi-
tion of urea to the mixture decreases the intensity of the first RDF
peaks for the pairs of Ch+–Ch+, Cl−–Cl−, Ch+–Cl−, and Cl−–urea,
as shown in Figs. 2(a)–2(c) and 2(e), respectively. A decrease in the
intensity of RDFs peaks indicates weaker affinity between the asso-
ciated species. A subtle change was obtained for the first peaks of
Ch+–urea and urea–urea molecules, as shown in Figs. 2(d) and 2(f).
Our results also show that the magnitude of the first RDF peaks of
Ch+–Cl− and Cl−–urea are almost equal, but slightly larger than the
peaks for the other remaining pairs. This indicates that anions have
stronger interactions with cation and urea. For all molecular pairs,

FIG. 1. Computed densities of ChCl/urea mixtures at 343.15 K and 1 atm as a
function of the mole fraction of urea. Pink circles represent MD results, and the
gray diamond represents experimental data taken from the work of Yadav and
Pandey.30
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FIG. 2. Radial distribution functions at
343.15 K and 1 atm for (a) Ch+–Ch+, (b)
Cl−–Cl−, (c) Ch+–Cl−, (d) Ch+–urea, (e)
Cl−–urea, and (f) urea–urea for different
mole fractions of urea.

the positions of the RDF peaks do not significantly change with
the increase in the mole fraction of urea. This illustrates that the
variation in the amount of urea has no influence on the packing
of the molecules. The first RDF peaks of Cl−–urea, Ch+–Cl+, Ch+–
urea, and Ch+–Ch+ are approximately located at distances of 4.1 Å,
4.5 Å, 4.7 Å, and 6.4 Å, respectively. These distances indicate that
urea molecules can move between choline cations.42 This is a sign of
well mixing in the solution. The structural asymmetry of the choline
cation is probably one of the explanations to why the RDF peaks
of Ch+ are located at larger distances. For the computation of KBIs,
Ch+ cations and Cl− anions were treated as indistinguishable species
as explained in Sec. II A. For this reason, we also computed the RDFs
of pseudo-binary ChCl and urea mixtures. These are presented in
Fig. S2 of the supplementary material. With increased mole fraction
of urea, the intensity of the first peaks of ChCl–ChCl and ChCl–urea
pairs slightly decreases, whereas RDFs for urea–urea pairs remain
unchanged. These results mainly indicate the weaker interaction of
ChCl and urea molecules with respect to the increase in the mole
fraction of urea. Similar to the individual RDFs shown in Fig. 2, the
locations of the peaks do not significantly change as a function of
urea content.

3. Hydrogen bonds
Figure 3 shows the variation of the number of HBs per urea

molecule as a function of the mole fraction of urea. With the addition

FIG. 3. Hydrogen bonds per urea molecule at 343.15 K and 1 atm as a function of
the mole fraction of urea.
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of urea to the mixture, HB interactions between urea molecules sig-
nificantly increase. Adversely, the number of HBs between the pairs
of urea–Cl− and Ch+–Cl− significantly decreases as the mole fraction
of urea increases, while this decrease is less prominent for urea–Ch+

pairs. At low mole fractions of urea, HBs are mainly formed between
the hydroxyl group in choline and the chloride anion and between
nitrogen in urea and the chloride anion. As the mole fraction of urea
increases, the contribution of anions decays, and HBs are mainly
formed with nitrogen in urea and oxygen in urea. Multiple MD41,72,88

and experimental89,90 studies have pointed out that chloride anions
strongly contribute to the HB network with the cation and HBD.
Other HBs that are formed between different molecules are relatively
weaker. The interplay of HBs between ions is critical for explaining
the variations of transport and thermodynamic properties.27 At dif-
ferent mole fractions of urea, the strength of HB interaction varies,
and thus, the mobility of the particles changes. As a result, transport
properties, such as viscosities, diffusivities, and ionic and thermal
conductivities, significantly change. The effect of HBs on the trans-
port properties of different DESs were discussed earlier in the studies
by Perkins et al.,74 Shah and Mjalli,27 Celebi et al.,36,39 Baz et al.,37

and Fetisov et al.41 The decrease in the number of HBs between
ions and the increase in HBs between urea molecules shown in
Fig. 3 are important for characterizing the melting point of the DES.
Sun et al.42 pointed out that the decrease in the number of HBs
formed by Cl− ions as a function of urea content decreases the melt-
ing point of the mixture. The increase in the number of HBs formed
between urea molecules results in an increase in the melting point.
Therefore, the lowest melting point is achieved at a certain mole frac-
tion for which a reasonable strength of HB interactions for urea and
ChCl molecules is established. As shown in Fig. 3, the appropriate
mole fraction of urea for HB interactions between ion/urea being
maximum and HB interactions between urea molecules being min-
imum is somewhere between 0.42 and 0.50. It should be noted that
the number of HBs is not the only criteria for the eutectic mixture.
To further analyze the influence of molecular interactions on the
melting point, other quantities such as HB lifetimes and interaction
energies for different urea mole factions could be examined.42

B. Kirkwood–Buff integrals
In Fig. 4, KBIs in the thermodynamic limit for pairs of

urea–urea, ChCl–urea, and ChCl–ChCl at 343.15 K and 1 atm are

FIG. 4. Kirkwood–Buff integrals for ChCl/urea mixtures at 343.15 K and 1 atm as
a function of the mole fraction of urea.

shown as a function of the mole fraction of urea. KBIs of urea–
urea pairs are affected the most by the increase in the urea content.
Figure 4 shows that the values of Gurea–urea are increasing with the
mole fraction of urea. This indicates that urea–urea interactions
become stronger as more urea is added to the system. Figure 4
also shows that the values of the KBIs Gurea–ChCl and GChCl–ChCl
slightly decrease with increasing the content of urea. Consequently,
urea–ChCl and ChCl–ChCl interactions become weaker with larger
mole fractions of urea. Such trends obtained in KBIs are consis-
tent with the results of RDFs and HBs of urea and ChCl mixtures
(see Secs. III A 2 and III A 3).

It is interesting to examine how interactions between dissimilar
components (i.e., ChCl–urea) differ from the interactions between
similar components (i.e., urea–urea and ChCl–ChCl) at various
mole fractions of urea. To study this, the term Gf = Gαα + Gββ
− 2Gαβ can be used. The Gf is zero for an ideal mixture in which
interactions of α and β are equal to the average interactions of
molecules of the same type. The term Gf can be computed from
integrating the combined RDF gf (r) = gαα(r) + gββ(r) − 2gαβ(r), as
shown in Eq. (3). The values of Gf shown in Fig. 4 are computed
using this approach. Similar to the KBIs of urea–urea pairs, the val-
ues of Gf increase dramatically between xurea = 0.25 and xurea = 0.41.
This means that the molecular interactions of the system are shifting
for these mole fractions. While the affinity between urea and ChCl is
always stronger than the average affinity between similar molecules,
attractive interactions between urea and ChCl are stronger when
xurea < 0.25. Interestingly, the values ofGf do not significantly change
beyond xurea = 0.41 as more urea is added to the system. When
studying other microscopic properties of mixtures of ChCl and urea,
Sun et al.42 correlated the change of interactions with the content of
urea to the eutectic behavior. The authors reported that the eutectic
composition is at a mole ratio 1:2 ChCl and urea.

1. Thermodynamic factors
The so-called thermodynamic factors Γ quantify the non-

ideality of a mixture. They are related to derivatives of activity coef-
ficients and thus indicate the phase stability of a mixture.65,67,91 For
a binary mixture consisting of species α and β, the thermodynamic
factor (Γ) can be computed from KBIs,48,49

Γ = 1 −
xαρβ(Gαα + Gββ − 2Gαβ)

1 + ρβxα(Gαα + Gββ − 2Gαβ)
= 1 −

xαρβGf

1 + ρβxαGf
, (7)

where ρα and ρβ are the average number densities of species α and
β. xα and xβ are the mole fractions of species α and β as defined
in Eq. (6) for a pseudo-binary mixture. Thermodynamic factors
are directly related to the term Gf . For an ideal mixture, Gf = 0,
Γ = 1, and the interactions between α and β are equal to interac-
tions between pairs of the same component. When Γ is positive, the
mixture is considered thermodynamically stable, while negative val-
ues of Γ correspond to thermodynamically unstable mixtures. The
limit Γ → 0 indicates de-mixing.

To compute the thermodynamic factors of ChCl and urea mix-
tures, we use three different descriptions of KBIs: (1) the individ-
ual KBIs of Gαα, Gαβ, and Gββ computed by integrating the corre-
sponding RDFs, (2) the term Gf computed by integrating the RDF
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gf (r) = gαα(r) + gββ(r) − 2gαβ(r), and (3) KBIs using the Cortes-
Huerto finite-size correction.61 In the first two approaches, RDFs are
corrected for finite-size effects using the method reported by Gan-
guly and van der Vegt.60 In the Cortes-Huerto approach, RDFs are
corrected using a correction that is independent of the interparti-
cle distance. Based on the computed RDFs, KBIs of finite subvol-
umes are used to estimate KBIs in the thermodynamic limit (G∞αβ).61

This is important to study the effect of the correction method on
the computed KBIs and thermodynamic factors. While RDFs are
sampled using long and multiple simulations, still, uncertainties of
the computed KBIs and the term Gf are not very small (see the
supplementary material). Naturally, these uncertainties reflect on
the accuracy of the estimation of thermodynamic factors. In
Fig. 5, we show the thermodynamic factors of ChCl and urea at
T = 343.15 K, P = 1 atm and various mole fractions of urea. The
different methods, used here to compute thermodynamic factors,
present very similar results. This could be explained by the fact
that large size systems were used to compute KBIs, so finite-size
effects were reduced. Figure 5 shows that all of Γ values are found
larger than 1 at all urea contents. This indicates that all mixtures
of ChCl and urea studied here are not ideal and that the interac-
tions between urea and ChCl are more favorable than interactions
between molecules of the same type (i.e., urea–urea and ChCl–
ChCl). Computed thermodynamic factors exhibit no distinct trend
as a function of the mole fraction of urea. The variations are small,
and error bars are large. Although there is no certain trend in
Fig. 5, we can see that thermodynamic factors become minimum at
a mole fraction of urea of 0.5. This can be attributed to the relatively
increased affinity between urea–urea molecules at this mole fraction.

2. Partial molar volumes
The partial molar volume of a component represents the

change of volume as a result of the addition of the same compo-
nent in the mixture at a fixed temperature, pressure, and number of
molecules. For binary systems, partial molar volumes can be related
to KBIs by49

FIG. 5. Thermodynamic factors of ChCl/urea mixtures at 343.15 K and 1 atm as
a function of the mole fraction of urea. The yellow diamonds refer to thermo-
dynamic factor computed using Eq. (7). White circles and squares refer to the
thermodynamic factors computed using the definition of Gf [obtained by integrating
combined RDFs gf (r) = gαα(r) + gββ(r)− 2gαβ(r)] and the Cortes-Huerto method.61

FIG. 6. Partial molar volumes of ChCl/urea mixtures at 343.15 K and 1 atm as a
function of the mole fraction of urea.

Vα = (
∂V
∂Nα
)
T,P,Nβ

=
1 + ρβ(Gββ −Gαβ)

ρα + ρβ + ραρβ(Gαα + Gββ − 2Gαβ)
, (8)

where Vα is the partial molar volume of component α. ρα and ρβ
are the densities of components α and β, respectively. In Fig. 6, we
show the partial molar volumes of urea and ChCl as a function of the
mole fraction of urea. As the mole fraction of urea increases, the par-
tial molar volume of urea approaches the molar volume of pure urea.
For both components, the change in partial molar volumes with the
increasing mole fraction of urea is not significant. This is interesting
because the results of HBs, RDFs, and KBIs show that the interac-
tions between urea and ChCl are significantly affected by the change
in the urea content. In Fig. 6, we also show the molar volumes of pure
urea and pure ChCl, calculated from separate MD simulations of
pure systems. Molar volumes for mixtures are consistent with those
of pure components.

C. Transport properties
1. Viscosities

Figure 7 shows the computed viscosities of ChCl and urea mix-
tures at 343.15 K and 1 atm for various mole fractions of urea.

FIG. 7. Computed viscosities of ChCl/urea mixtures at 343.15 K and 1 atm as
a function of the mole fraction of urea. Cyan squares represent MD results, and
the gray diamond represents experimental data taken from the work of Yadav and
Pandey.30
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For the mixture of ChCl and urea with a molar ratio of 1:2, MD
results are compared with the experimental viscosity measured using
a rolling-ball microviscometer by Yadav and Pandey.30 The com-
puted viscosity is in good agreement with the experimental value,
deviating only by 6%. Our MD results show that viscosities of urea
and ChCl mixtures decrease linearly with the increase in the mole
fraction of urea. This decrease in viscosity is related to the change in
the intermolecular interactions. Figure 3 shows that the number of
HBs formed by Cl− anions significantly reduces as the mole fraction
of urea increases. As shown in the earlier studies by Kumari et al.,40

Fetisov et al.,41 and Hammond et al.,89 most Cl− anions are located
around the hydroxyl group of the Ch+ cation, creating an ion pair.
Cl− anions are stabilized by urea molecules in the mixture through
hydrogen bonding. The decrease in the number of HBs between Cl−

anions and Ch+/urea is more dominant compared to the increased
number of HBs between urea–urea molecules so that the mobil-
ity of the all molecules, including urea, increases. Consequently, all
diffusivities (see Sec. III C 2) increase, while viscosities decrease as
the urea content in the mixture increases. Such influences of the
Cl− anion on the thermo-physical properties and micro-structural
arrangement of the mixture have been shown in earlier neutron
diffraction (ND) experiments89,92 and MD simulations.40–42 For all
mole fractions of urea, the uncertainties of the computed viscosities
are found utmost of 9% as shown in Table SVII of the supplementary
material.

2. Self-diffusivities
In Fig. 8, the computed self-diffusion coefficients of Ch+, Cl−,

and urea at 343.15 K and 1 atm are presented as a function of the
mole fraction of urea. For all self-diffusion coefficients, computed
uncertainties are up to 3%, which is smaller than the marker size. All
self-diffusion coefficients are corrected for finite-size effects using
the Yeh–Hummer (YH),50,93

D∞Self = D
MD
Self +

kBTξ
6πηL

, (9)

where D∞Self and DMD
Self are the finite-size corrected self-diffusion coef-

ficient and self-diffusion coefficient computed in MD simulations,
respectively. η is the shear viscosity computed from MD simulations,

FIG. 8. Finite-size corrected self-diffusion coefficients of Ch+, Cl−, and urea
molecules at 343.15 K and 1 atm as a function of the mole fraction of urea. The
statistical uncertainties can be found in Table SVIII of the supplementary material.

which does not suffer from finite-size effects,94,95 kB is the Boltzmann
constant, T is the absolute temperature, and ξ is a dimensionless
constant equal to 2.837 298 for the periodic (cubic) simulation box.
It is important to note that the magnitude of the finite-size correc-
tion can significantly change depending on the simulated system
and the applied thermodynamic conditions.50,96 For instance, Moul-
tos et al.95 showed that the YH correction was found to be ∼8% of
the self-diffusion coefficients in a system of 250 CO2 molecules at
323.15 K and 200 bars. The YH correction could be much larger,
especially for systems where the size of the solute molecules is sig-
nificantly larger than the size of the solvent molecules.50 In the
recent study by Erdős et al.,97 the computed YH correction of self-
diffusivities of cyclodextrins in water was found to be as high as
∼76% of the final self-diffusion coefficient at 298.15 K and 1 bar.
In the current study, the YH corrections computed for systems of
ChCl and urea were found to be in the range of 7%–17% of the final
self-diffusivities.

Figure 8 shows that all self-diffusion coefficients monotonically
increase with the addition of urea to the mixture. This increase is
consistent with the decrease in the computed viscosity results, as
shown in Fig. 7. As mole fractions of urea increase, the number of
HBs between ions and urea/ions and the intensity of RDFs peaks
significantly decrease. As a result, molecules can move with a larger
mobility and larger diffusion coefficients. Our results also show that
the self-diffusion coefficients of urea are always larger than those of
Cl− and Ch+ ions. Increasing the mole fraction of urea from 0.2 to
0.71 results in 2.8, 2.5, and 2.1 times increase in the self-diffusion
coefficients of Cl−, Ch+, and urea, respectively. Interestingly, the
self-diffusivities of urea molecules increase with the mole fraction
of urea, regardless of the increase in the number of HBs formed
between pairs of urea–urea. The increase in the self-diffusivities of
urea molecules can be attributed to the drop in the number of HBs
between pairs of ChCl–urea when more urea is added to the system.
In addition to the hydrogen bond formation, self-diffusion coeffi-
cients are affected by other factors such as the molecular weight and
the hydrodynamic radius.36

3. Maxwell–Stefan and Fick diffusivities
Similar to self-diffusivities, MS and Fick diffusion coefficients

are system size dependent. For MS diffusivities in binary mixtures,
Jamali et al.98,99 developed a finite-size correction on the based on
the YH equation [Eq. (9)],

−D∞ = −DMD + (
1
Γ
)
kBTξ
6πηL

= −DMD + (
1
Γ
)DYH, (10)

where −DMD and −D∞ are MS diffusivities obtained from MD simula-
tions and MS diffusivities in the thermodynamic limit, respectively.
For binary mixtures, MS diffusion is related to Fick diffusivities via
the thermodynamic factor by98

D∞ = −D∞Γ, (11)

where D∞ is the finite-size corrected Fick diffusivity in the binary
mixture. In Fig. 9, finite-size corrected MS and Fick diffusion coef-
ficients of pseudo-binary ChCl and urea mixtures at 343.15 K are
presented as a function of the mole fraction of urea. Both MS and
Fick diffusivities increase with the addition of urea molecules to
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FIG. 9. Finite-size corrected (a) Maxwell–Stefan and (b) Fick diffusion coefficients
of ChCl/urea mixtures at 343.15 K and 1 atm as a function of the mole fraction of
urea.

the mixture. This is due to the increased mobilities of individual
molecules as explained earlier. Our results also show that MS dif-
fusion coefficients exhibit an increase as a function of urea content.
Unlike MS diffusivities, the computed Fick diffusivities exhibit large
fluctuations. This is due to the effect of the non-monotonic behavior
of the computed thermodynamic factors. The uncertainties of Fick
diffusion coefficients are up to 7%, which are considerably larger
than those of self-diffusion coefficients.

4. Ionic conductivities
To compute the ionic conductivities of ChCl–urea mixtures in

the present work, the Nernst–Einstein (NE) equation was used,100

κ =
e2

kBTV
∑
i
Niq2

iD
∞

Self, i, (12)

where e is the elementary charge, kB is the Boltzmann constant, T is
the temperature, V is the volume, N i is the number of molecules
of type i, qi is the charge of the molecule of type i, and D∞Self,i is
the finite-size corrected self-diffusion coefficient of molecules of
type i computed from MD simulations. The summation in Eq. (12)
only considers Ch+ and Cl− ions because urea has no net charge.
In Fig. 10, the ionic conductivities of urea and ChCl mixtures at
343.15 K and 1 atm are presented as a function of the mole fraction
of urea. Figure 10 shows that, at first, ionic conductivities increase
with increasing urea content. For mole fractions larger than 0.5, the
ionic conductivities become constant. There is a trade-off between
the ionic conductivity and self-diffusivities of charged species. Ionic

FIG. 10. Computed ionic conductivities of ChCl/urea mixtures at 343.15 K and
1 atm as a function of the mole fraction of urea. The statistical uncertainties can
be found in Table SIX of the supplementary material.

conductivities are linearly related to self-diffusivities of ions in the
mixture [see Eq. (12)].31,36,101 As shown in Fig. 10, self-diffusivities
of Ch+ and Cl− - ions monotonically increase with increasing urea
content. Although the increase in self-diffusivities increases the ionic
conductivity, it is not the only factor that determines the ionic con-
ductivity. The number density of ions (N i/V) decreases as a function
of the mole fraction of urea. The effect of the reduced ion den-
sity balances out the effect of increased self-diffusivities. As a result,
ionic conductivities are nearly constant for mole fractions of urea
larger than 0.5. It is important to note that ionic conductivities are
expected to decrease at higher mole fractions of urea due to a smaller
contribution of ions.

IV. CONCLUSIONS
Extensive MD simulations of choline chloride–urea mixtures

were performed to investigate the microscopic structure and cor-
responding thermodynamic and transport properties. HB networks
between ions and urea molecules disappear, and the intensity of
most RDF peaks decreases as the mole fraction of urea increases.
These indicate a considerably weaker intermolecular structure
between ChCl and urea molecules. Consequently, a monotonic
increase in self-diffusion coefficients and a monotonic decrease in
viscosities are obtained. Since the motion of ions and HBDs are
less inter-dependent, collective diffusion coefficients thus increase
as a function of the urea content. Interestingly, ionic conductivi-
ties exhibit a non-monotonic behavior. First, ionic conductivities
increase as a function of the mole fraction of urea. Second, for mole
fractions of urea larger than 0.5, ionic conductivities do not signif-
icantly change. KBIs are used to compute thermodynamic prop-
erties such as thermodynamic factors and partial molar volumes.
Anions and cations are considered as indistinguishable molecules to
accurately compute KBIs in the thermodynamic limit. As the mole
fraction of urea increases, KBIs of urea–urea increase, while KBIs
of ChCl–ChCl and ChCl–urea pairs slightly decrease. This is con-
nected to the increasing affinity of urea molecules with increasing
mole fractions of urea. At all urea contents, thermodynamic factors
are larger than one. This indicates that the mixture is not ideal and
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the interactions between dissimilar molecules are always more favor-
able compared to that between similar molecules. The urea content
exhibit does not strongly influence the partial molar volumes.

SUPPLEMENTARY MATERIAL

In the supplementary material, we present the force field
parameters for ChCl and urea mixtures, tables with raw data for the
computed thermo-physical properties, and additional figures. We
also provide the derivation for obtaining RDFs of pseudo-binary
mixtures, and details on computing KBIs and collective diffusion
coefficients for pseudo-binary mixtures.
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